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The quantization of the electroweak theory is performed starting from the Lagrangian given in
the so-called unitary gauge in which the unphysical Goldstone fields disappear. In such a Lagrangian,
the unphysical longitudinal components of the gauge fields and the residual gauge degrees of freedom
are naturally eliminated by introducing the Lorentz gauge condition and the ghost equation. In this
way, the quantum theory given in α-gauge is perfectly established in the Lagangian formalism by
the Faddeev-Popov approach or the Lagrange multiplier method in the framework of SU(2)×U(1)
gauge symmetry. The theory established is not only simpler than the ordinary Rα−gauge theory,
but also explicitly renormalizable. The unitarity of the S-matrix is ensured by the α−limiting
procedure proposed previously. Especially, it is shown that the electroweak theory without involving
the Higgs boson can equally be formulated whitin the SU(2) × U(1) symmetry and exhibits good
renormalizability. The unitarity of such a theory may also be guaranteed by the α-limiting procedure.
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1. INTRODUCTION
In our recent publication[1], it has been shown that the conventional viewpoint that the massive gauge field theory
can not be set up without introducing the Higgs mechanism is not true. In fact, a certain massive gauge field theories
can be well established on the basis of gauge-invariance principle without recourse to the Higgs mechanism. The
essential viewpoints to achieve this conclusion are: (a) a massive gauge field must be viewed as a constrained system
in the whole space of vector potentials and the Lorentz condition, as a necessary constraint, must be introduced from
the beginning and imposed on the Lagrangian; (b) The gauge-invariance of a gauge field theory should be generally
examined from the action of the field other than from the Lagrangian because the action is of more fundamental
dynamical meaning than the Lagrangian. Particularly, for a constrained system such as the massive gauge field, the
gauge-invariance should be seen from its action given in the physical space defined by the Lorentz condition. This
concept is well-known in Mechanics; (c) In the physical space, only infinitesimal gauge transformations are possibly
allowed and necessary to be considered. This fact was clarified originally in Ref.[2]. Based on these points of view, it
is easy to see that the massive gauge field theory in which all the gauge bosons have the same masses are surely gauge-
invariant. Obviously, the Quantum chromodynamics (QCD) with massive gluons fulfils this requirement because all
the gluons can be considered to have the same masses. As has been proved, such a QCD is not only renormalizable, but
also unitary[3]. The renormalizability and unitarity are warranted by the fact that the unphysical degrees of freedom
existing in the massive Yang-Mills Lagrangian are completely eliminated by the introduced constraint conditions on
the gauge field and the gauge group, i.e. the Lorentz condition and the ghost equation. In the tree-diagram level,
as easily verified, the unphysical longitudinal part of the gauge boson propagator gives a vanishing contribution to
the S-matrix elements because in the QCD Lagrangian, there only appear the vector currents of quarks coupled to
the gluon fields and in each current, the quarks and /or the antiquarks are of the same flavor. For loop-diagrams, it
has been proved that the unphysical intermediate states are all cancelled out in S-matrix elements. However, for the
weak interaction, apart from the vector currents of fermions, there appear the axial vector currents of fermions. In
particular, the charged and neutral gauge bosons as well as the charged and neutral fermions are required to have
different masses. In this case, it is impossible to construct a gauge-invariant action without introducing the Higgs
mechanism. Within the framework of the Higgs mechanism, the electro-weak-unified theory was successfully set up on
the basis of the SU(2)×U(1) gauge-invariance[4−6]. The physical implication of such a theory was originally revealed
in the so-called unitary gauge in which all the Goldstone fields are absent. The Lagrangian given in the unitary gauge
is obtained from the original SU(2)×U(1) gauge-symmetric Lagrangian which includes all the scalar fields in it by the
Higgs transformation.[4−6]. Such a Lagrangian was initially used to establish the quantum theory. The free massive
gauge boson propagator derived from the this theory is of the form[4−8]
iDjµν(k) =
−i
k2 −M2j + iε
(gµν − kµkν
M2j
) (1.1)
1
where j = W± or Z0. It is the prevailing point of view that the above propagator explicitly ensures the unitarity of
the S-matrix because except for the physical pole at k2 = M2j , there are no other unphysical poles to appear in the
propagator. However, due to the bad ultraviolet divergence of the second term in the propagator shown in Eq.(1.1),
as pointed out in the literature[7], Green’s functions defined in the unitary gauge theory are unrenormalizable. The
uinrenormalizability of the unitary gauge theory arises from the fact that the unphysical degrees of freedom, i. e. the
(four-dimensionally) longitudinal gauge fields and the residual gauge degrees of freedom contained in the Lagrangian
given in the unitary gauge are not eliminated by introducing appropriate constraint conditions. Later, the quantization
of the electroweak theory was elegantly carried out in the so-called Rα- gauge by the Faddeev-Popov approach
[7,8]. In
this quantization, the authors started from the original Lagrangian which contains all the Goldstone fields in it and
introduced the Rα-gauge conditions
[7,8]
∂µAaµ +
i
2
αg(φ+τaV − V +τaφ) = 0 (1.2)
∂µBµ +
i
2
αg′(φ+V − V +φ) = 0 (1.3)
where Aaµ and Bµ are the SU(2)T and U(1)Y gauge fields, g and g
′ are the SU(2)T and U(1)Y coupling constants,
respectively, α is the gauge parameter, τa are the Pauli matrices,
φ = φ′ + V (1.4)
here
φ′ =
1√
2
(
G1 + iG2
H + iG0
)
(1.5)
in which G1, G2 and G0 are the Goldstone fields and H is the Higgs field and
V =
1√
2
(
0
v
)
(1.6)
is the vacuum state doublet in which v represents the vacuum expectation value of the scalar field. The quantum
theory built in the Rα gauge has been widely accepted because the massive gauge boson propagator given in this
gauge is of the form
iDαµν(k) = −i
{
gµν − kµkν/k2
k2 −M2k + iε
+
αkµkν/k
2
k2 − αM2k + iε
}
(1.7)
With taking different values of the gauge parameter, we have different propagators such as the ones given in the Landau
gauge (α = 0), the ’t Hooft-Feynman gauge (α = 1) and the unitary gauge (α → ∞), respectively. Since the above
propagator shows good ultraviolet behavior and therefore satisfies the power counting argument of renormalizability,
the quantum theory formulated in the Rα - gauge is considered to be renormalizable and there were some formal
proofs presented in the previous literature which seem to assert this point[8−15]. Recently, however, H. Cheng and S.
P. Li have presented a strong argument which indicates that the quantum electroweak theory given in the Rα-gauge
is difficult to be renormalized, particularly, the occurrence of double poles which are ultraviolet divergent renders the
multiplicative renormalization of the propagators to be impossible [16].Obviously, the difficulty of the renormalization
of the Rα-gauge theory originates from the fact that the unphysical degrees of freedom contained in the Lagrangian
which was chosen to be the starting point of quantization are not completely eliminated by the introduced Rα- gauge
conditions. This point may clearly be seen from the Landau gauge in which the Rα- gauge conditions are reduced to
the Lorentz gauge conditions
∂µAaµ = 0 (1.8)
∂µBµ = 0 (1.9)
These conditions imply vanishing of the longitudinal fields, ALµ = 0 and BLµ = 0 . But, the unphysical Goldstone
fields could not be constrained by the above constraint conditions. They are still remained in the Lagrangian and
play an important role in perturbative calculations (see the illustration in Appendix A).
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In this paper, we attempt to propose an alternative formulation of the quantum electroweak theory in which
the unphysical Goldstone bosons and even the Higgs particle do not appear. According to the general principle
of constructing a renormalizable quantum field theory for a constrained system such as the massive and massless
gauge fields, the unphysical degrees of freedom appearing in the Lagrangian ought to be all eliminated by introducing
necessary constraint conditions[1,2]. This suggests that the quantization of the electroweak theory may suitably be
performed starting from the Lagrangian given in the unitary gauge[4,5]. This Lagrangian originally was considered
to be physical because the unphysical Goldstone fields disappear in it. However, in such a Lagrangian still exist the
longitudinal components of the gauge fields and the residual gauge degrees of freedom. These unphysical degrees
of freedom may completely be removed by introducing the Lorentz gauge conditions shown in Eqs.(1.8) and (1.9)
and the constraint condition on the gauge group (the ghost equation). In this way, the quantum electroweak theory
given in α-gauge may perfectly be set up by applying the Faddeev-Popov approach[2] or the Lagrange undetermined
multiplier method[1]. In such a quantum theory, the massive gauge boson propagators are still of the form as denoted
in Eq.(1.7) and hence exhibit explicit renormalizability of the theory.
There are two questions one may ask: One is that what is the gauge symmetry of the theory established from
the Lagrangian given in the unitary gauge ? Another is how to ensure the unitarity of S-matrix elements evaluated
from such a theory? For the first question, we would like to mention that ordinarily, the Lagrangian given in the
unitary gauge, which is obtained from the original SU(2)×U(1) symmetric Lagrangian by the Higgs transformation,
is explained to describe a spontaneously symmetry-broken theory for which only the electric charge U(1)-symmetry
is remained. This concept comes from the assumption that the vacuum state in Eq.(1.6) is invariant under gauge
transformations. However, this concept is in contradiction with the viewpoint adopted in the widely accepted quantum
theory established in Refs.[6-7] that the vacuum state in (1.6) is not gauge-invariant, it undergoes the same gauge
transformations as the scalar field φ′ shown in Eq.(1.5) does. Therefore, the present quantum electroweak theory given
in the Rα gauge quantization is set up from beginning to end on the basis of SU(2) × U(1) gauge-symmetry and,
as pointed out by t’Hooft[17], there actually is no spontaneous symmetry-breaking to appear in such a theory. The
viewpoint mentioned above is essential. It enables us to build up a correct electroweak theory from the Lagrangian
given in the unitary gauge which is still of the SU(2) × U(1) gauge-symmetry. Otherwise, one could not build a
reasonable quantum theory from the unitary gauge Lagrangian for the electroweak-interacting system. To answer the
second question, it is noted that the propagator in Eq.(1.1) is derived from the on mass-shell vector potential, while
the propagator in Eq.(1.7) is derived from the off mass-shell vector potential (see the explanation in the Appendix B).
The latter propagator may be derived from the generating functional of Green’s functions which is given In the path-
integral quantization. This propagator is suitable for the renormalization of off-shell Green’s functions and also for
the renormalization of on-shell S-matrix elements because the propagators appearing in the loop diagrams of S-matrix
elements are off-mass-shell even though the external momenta of the S-matrix elements are on the mass-shell. Clearly,
the propagators in Eq.(1.7) which is given in the α-gauge can be viewed as a parametrization of the propagators given
in the unitary gauge since in the limit: α → ∞, the former propagator is converted to the latter one. Therefore,
calculation of a physical quantity may safely be done in the α-gauge and then, as was proposed and demonstrated
previously[18,19], the α−limiting procedure is necessary to be taken in the final step of the calculation of a S-matrix
element.
Furthermore, we try to build a theory in which the Higgs boson is removed. This can be done by the requirement
that the scalar field φ defined in Eq.(1.4), which is a vector in the four-dimensional functional space, is limited to
the subspace in which the magnitude of the vector is equal to its vacuum expectation value v. Since the vacuum
state in Eq.(1.5) obeys the gauge-transformation law as the same as the scalar field φ does, it will be shown that the
action without involving the Higgs boson in it is still of SU(2)×U(1) gauge-symmetry under the introduced Lorentz
condition. Therefore, the quantum electroweak theory without involving the Higgs boson may also be set up within
the framework of SU(2) × U(1) gauge-symmetry. The gauge boson propagators derived from such a theory is still
represented in Eq.(1.7). Therefore, the renormalizability of such a theory is no problems and its unitarity can also be
guaranteed by the α-limiting procedure.
The rest of this paper is arranged as follows. In Sect.2, we describe the quantization based on the Lagrangian given
in the unitary gauge and the Lorentz gauge condition. In Sect.3, some Ward-Takahashi identities[20] are derived.
Sect.4 serves to inclusion of the quarks. Sect.4 is used to formulate the theory without involving the Higgs boson. In
the last section, some remarks are presented. In Appendix A, we take an example to illustrate the role of Goldstone
particles in the ordinary Rα-gauge theory. Appendix B is used to explain the difference and the relation between the
both propagators derived in the unitary gauge and the α-gauge.
3
2. QUANTIZATION
In this section, we describe the quantization of the electroweak theory based on the Lagrangian given in the unitary
gauge. For one generation of leptons , the Lagrangian is[4,5]
L = Lg + Lf + Lφ (2.1)
where Lg,Lf and Lφ are the parts of the Lagrangian for the gauge fields, the lepton fields and the scalar fields,
respectively. They are written in the following
Lg = −1
4
F aµνF aµν −
1
4
BµνBµν (2.2)
where
F aµν = ∂µA
a
ν − ∂νAaµ + gǫabcAbµAcν (2.3)
and
Bµν = ∂µBν − ∂νBµ (2.4)
Lf = LiγµDµL+ lRiγµDµlR (2.5)
where
L =
(
νL
lL
)
(2.6)
is the doublet formed by a left-handed neutrino field νL and a left-handed charged lepton field ll, lR is the singlet of
a right-handed charged lepton field and
Dµ = ∂µ − ig τ
a
2
Aaµ − ig′
Y
2
Bµ (2.7)
is the covariant derivative in which τ
a
2 (a = 1, 2, 3) and
Y
2 are the generators of SU(2)T and U(1)Y groups respectively.
Lφ = (Dµφ0)+(Dµφ0)− µ2φ+0 φ0 − λ(φ+0 φ0)2 − fl(Lφ0lR + lRφ+0 L) (2.8)
where
φ0 =
1√
2
(
0
H + v
)
(2.9)
in which v =
√
−2µ2/λ. The φ0 is a special configuration of the scalar fields which is connected with the field
configuration shown in Eq.(1.4) by a gauge transformation φ = Uφ0 where U = exp{ i2 (gτaθa + g′θ0)}.
As mentioned in the Introduction, in the Lagrangian written above still exist the unphysical longitudinal parts of the
gauge fields which are necessary to be eliminated by introducing the Lorentz gauge conditions shown in Eqs.(1.7) and
(1.8). The necessity of introducing the Lorentz condition in this case may also be seen from the Rα-gauge condition.
In fact, considering that the conditions in Eqs.(1.2) and (1.3) should suit to any field configuration, certainly, it is
suitable for the field configuration given in the unitary gauge. It is easy to verify that
φ+0 τ
aV − V +τaφ0 = 0 (2.10)
φ+0 V − V +φ0 = 0 (2.11)
so that in the unitary gauge, the Rα-gauge conditions is reduced to the Lorentz gauge conditions which are now
rewritten as
∂µAiµ = 0 (2.12)
4
where we have set A0µ ≡ Bµ and let i = 0, 1, 2, 3.
Before performing the quantization of the electroweak theory starting from the Lagrangian and the Lorentz condition
described above by the Faddeev-Popov method[2], it is at first stressed that the Lagrangian L(x) described above,
as mentioned in Introduction, still has the SU(2) × U(1) gauge symmetry, unlike the ordinary concept that the
Lagrangian merely has the electric charge U(1)-symmetry. For the Lagrangians Lgand Lf , it is clear that they are
still SU(2)× U(1) gauge-symmetric in the unitary gauge. While, for the Lagrangian Lφ, as can easily be verified, it
also keeps invariant under the following SU(2)× U(1) gauge transformations:
δφ0 =
i
2
(gτaθa + g′θ0)φ0 (2.13)
δL =
i
2
(gτaθa − g′θ0)L (2.14)
δlR = −ig′θ0lR (2.15)
δAiµ = D
ij
µ θ
j (2.16)
where
Dijµ = δ
ij∂µ − gεijkAkµ (2.17)
In the above, the eigen-equations
Y L = −L, Y lR = −2lR, Y φ0 = φ0, τalR = 0 (2.18)
and the definition
εijk = { ǫ
abc, if i, j, k = a, b, c = 1, 2, 3;
0, if i, j and/or k = 0
(2.19)
have been used. Here, as said in Introduction, we adopt the concept implied in the previous quantization of the
electroweak theory carried out in the Rα-gauge
[7,8]
that the vacuum state shown in Eq.(1.6) is not set to be gauge-
invariant under the SU(2)×U(1) gauge transformations. This vacuum state as well as the field φ0 shown in Eq.(2.9)
undergo the same gauge-transformation as the original scalar field φ denoted in Eq.(1.4) so that either the original
Lagrangian Lφ which includes the Goldstone fields in it or the Lagrangian Lφ shown in Eq.(2.8) is still of the
SU(2)× U(1) gauge symmetry. Next, it is pointed out that to obtain a proper form of the ghost field Lagrangian in
the general α-gauge, it is necessary to add the identities in Eqs.(2.10) and (2.11) to the Lorentz condition in Eq.(2.12)
and write the constraint condition in a generalized form
F i[A, φ0] + αλ
i = 0 (2.20)
where λi is an auxiliary function and
F i[A, φ0] = ∂
µAiµ +
i
2
αgi(φ+0 τ
iV − V +τ iφ0) (2.21)
here we have set τ0 = 1 and gi = g, if i = 1, 2, 3 and gi = g′, if i = 0. This is because for the quantization performed
in the Lagrangian formalism, one has to make gauge transformations to the gauge condition which will connect the
Higgs field to other scalar fields.
Now we are in a position to carry out the quantization starting from the Lagrangian given in the unitary gauge and
the Lorentz condition. According to the general procedure of the Faddeev-Popov approach of quantization[2,21,22]. we
insert the following identity
∆[A, φ0]
∫
D(g)δ[F [Ag, φg0] + αλ] = 1 (2.22)
, where g is an element of the SU(2)× U(1) group, into the vacuum-to-vacuum transition amplitude, obtaining
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Z[0] =
1
N
∫
D (Ψ)D(g)∆[A, φ0]δ[F [A
g, φg0] + αλ]e
i
∫
d4xL(x) (2.23)
where L(x) is the Lagrangian denoted in Eqs.(2.1)-(2.9) and Ψ stands for all the field variables (l, l, v, v, Aaµ, Bµ, H) in
the Lagrangian. Let us make a gauge transformation: Aiµ → (Ag
−1
)iµ and φ0 → φg
−1
0 to the functional in Eq.(2.23).
Since the Lagrangian L(x) is gauge-invariant and the functional ∆[A, φ0] as well as the integration measure, as already
proved in the literature[2,8,15], are all gauge-invariant, the integral over the gauge group, as a constant, may be factored
out from the integral over the fields and put in the normalization constant N . Thus, we have
Z[0] =
1
N
∫
D(Ψ)∆[A, φ0]δ[F [A, φ0] + αλ]e
i
∫
d4χL(x) (2.24)
The functional ∆[A, φ0] in the above, which may be evaluated from the identity in Eq.(2.22) and the gauge-
transformation shown in Eqs.(2.13)-(2.17), will be expressed as[2,21]
∆[A, φ0] = detM [A, φ0] (2.25)
where M [A, φ0] is a matrix whose elements are
M ij(x, y) =
δF iθ(x)
δθj(y)
|θ=0= ∂µx [Dijµ (x)δ4(x− y)] +
i
8
αgigj[V +τ iτ jφ0(x) + φ
+
0 (x)τ
jτ iV ]δ4(x− y) (2.26)
Employing the familiar representation for the determinant[2]
detM =
∫
D(C,C)ei
∫
d4xd4yC
i
(x)Mij(x,y)Cj(y) (2.27)
where C
i
and Ci are the mutually conjugate ghost field variables, integrating Eq.(2.24) over the functions λi(x) with
the weight exp[− i2α(λi)2] and then introducing the external source terms for all the fields, we obtain from Eq.(2.24)
the generating functional of Green’s functions such that
Z[J ] =
1
N
∫
D (Φ) ei
∫
d4x[Leff+J·Φ) (2.28)
where Φ and J designate respectively all the fields and external sources including the ghosts and Leff is the effective
Lagrangian for the system under consideration. With the following definitions of the field variables
W±µ =
1√
2
(A1µ ∓ iA2µ) (2.29)
(
Zµ
Aµ
)
=
(
cos θw − sin θw
sin θw cos θw
)(
A3µ
Bµ
)
(2.30)
C± =
1√
2
(C1 ∓ iC2), C± = 1√
2
(C
1 ∓ iC2) (2.31)
and (
Cz
Cγ
)
=
(
cos θw − sin θw
sin θw cos θw
)(
C3
C0
)
(2.32)
(
Cz
Cγ
)
=
(
cos θw − sin θw
sin θw cos θw
)(
C
3
C
0
)
(2.33)
where θw is the Weinberg angle, the effective Lagrangian will be represented as
Leff = LG + LF + LH + Lgf + Lgh (2.34)
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where
LG = − 12W+µνW−µν − 14 (ZµνZµν +AµνAµν) +M2wW+µ W−µ + 12M2zZµZµ
+ig[(W+µνW
−µ −W−µνW+µ)(sin θwAν + cos θwZν) +W+µ W−ν (sin θwAµν + cos θwZµν)]
+g2{W+µ W−ν (sin θwAµ + cos θwZµ)(sin θwAν + cos θwZν)−W+µ W−µ(sin θwAν + cos θwZν)2
+ 12 [(W
+
µ )
2(W−ν )
2 − (W+µ W−µ)2]}
(2.35)
in which
W±µν = ∂µW
±
ν − ∂νW±µ , Zµν = ∂µZν − ∂νZµ, Aµν = ∂µAν − ∂νAµ (2.36)
and
Mw =
1
2
gv,Mz =
Mw
cos θw
(2.37)
LF = νiγµ 1
2
(1− γ5)∂µν + l(iγµ∂µ −ml)l + g√
2
(j−µW
+µ + j+µW
−µ)− ejemµ Aµ +
e
sin 2θw
j0µZ
µ (2.38)
in which
j−µ = νγ
µ 1
2
(1 − γ5)l = (j+µ )+ (2.39)
jemµ = lγµl (2.40)
j0µ = νγµ
1
2
(1− γ5)ν − lγµ 1
2
(1− γ5)l + 2 sin2 θwjemµ (2.41)
and
ml =
1√
2
flv (2.42)
LH = 1
2
(∂µH)2 − 1
2
m2HH
2 +
g
4
(W+µW−µ +
1
2 cos θw
ZµZµ)(H
2 + 2vH)− λvH3 − λ
4
H4 − fl√
2
llH (2.43)
Lgf = − 1
α
[∂µW+µ ∂
νW−ν +
1
2
(∂µZµ)
2 +
1
2
(∂µAµ)
2] (2.44)
and
Lgh = C−(✷+ αM2w)C+ + C
+
(✷+ αM2w)C
− + Cz(✷+ αM2z )Cz + Cγ✷Cγ − ig{(∂µC
+
C−
−∂µC−C+)(cos θwZµ + sin θwAµ) + (∂µC−W+µ − ∂µC
+
W−µ )(cos θwCz + sin θwCγ)
+(cos θw∂
µCz + sin θw∂
µCγ)(C
+W−µ − C−W+µ )} + 12αgMwH(C
+
C− + C
−
C+ + 1cos2 θwCzCz)
(2.45)
The external source terms in Eq.(2.28) are defined by
J ·Ψ = J−µW+µ + J+µ W−µ + JzµZµ + JγµAµ + JH + ξll + lξl + ξνν + νξν
+η+C− + η−C+ + C
+
η− + C
−
η+ + ηzCz + Czηz + ηγCγ + Cγηγ
(2.46)
For the case of three generations of leptons, in Eq.(2.38) there will be the kinetic energy terms for three neutrinos
and three leptons, and the sums over the number of generations of leptons should be included in Eqs.(2.39)-(2.41).
Correspondingly, the external source terms will be extended to the case for three generations of leptons.
It is interesting to note that the quantized result shown above can be obtained more directly by the Lagrange
multiplier method[1]. By this method, we may incorporate the constraint condition in Eq.(2.20) into the Lagrangian
in Eq.(2.1) which is now extended to the form
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L′ = L−1
2
α(λi)2 (2.47)
where L was written in Eqs.(2.1)-(2.9) and thus obtain a generalized Lagrangian
Lλ = L′ + λiF i[A, φ0] + α(λi)2
= L+ λiF i[A, φ0] + 12α(λi)2
(2.48)
To construct a gauge-invariant theory, it is necessary to require the action given by the above Lagrangian to be
gauge-invariant under the gauge transformations in Eqs.(2.13)-(2.16) and the constraint condition in Eq.(2.20)
δSλ =
∫
d4xδLλ =
∫
d4xλi(x){∂µx [Dijµ (x)θj(x)] +
i
8
αgigj [V +τ iτ jφ0(x) + φ
+
0 (x)τ
jτ iV ]θj(x)} = 0 (2.49)
Since λi(x) 6= 0, we have
∂µx [D
ij
µ (x)θ
j ] +
i
8
αgigj[V +τ iτ jφ0(x) + φ
+
0 (x)τ
jτ iV ]θj = 0 (2.50)
This just is the constraint equations on the gauge group. Setting θα = ξCα where ξ is an anticommuting number and
Cα are the ghost fields, we obtain from Eq.(2.50) the ghost equations
∂µx [D
ij
µ (x)C
j ] +
i
8
αgigj[V +τ iτ jφ0(x) + φ
+
0 (x)τ
jτ iV ]Cj = 0 (2.51)
Since these equations are the alternatives of the constraints on the gauge group, they may also be incorporated into
the Lagrangian Lλ by the Lagrange multiplier method. Thus, we have
L∗λ = L+ λiF i[A.φ0] + 12α(λi)2 + C
i{∂µx [Dijµ (x)Cj ]
+ i8αg
igj [V +τ iτ jφ0(x) + φ
+
0 (x)τ
jτ iV ]Cj} (2.52)
where C
i
, acting as the Lagrange multipliers, are another kind of ghost field variables which are conjugate to the
variables Cj .
As we learn from the Lagrange multiplier method, all the variables in the Lagrangian L∗λ, including the dynamical
variables, the constrained variables and the Lagrange multipliers act as independent, varying arbitrarily. Therefore,
we may directly utilize the Lagrangian L∗λ to construct the generating functional of Green’s functions so as to achieve
the final goal of quantization
Z[J ] =
1
N
∫
D (Ψ)D (λ) exp{i
∫
d4x(L∗λ + J ·Ψ)} (2.53)
where Ψ stands for all the field variables but the Lagrange multipliers and J designates all the corresponding external
sources. On calculating the integral over λi, we precisely obtain the result as shown in Eqs.( 2.28)-(2.46) which was
given by the Faddeev-Popov approach.
In the end, we note that the effective action and the generating functional obtained in this section, as easily
proven, are invariant under a kind of BRST- transformations[21]. The BRST-transformations include the gauge
transformations shown in Eqs.(2.13)-(2.16) and the following transformations for ghost fields
δC
i
=
λ
α
∂µAiµ (2.54)
δCi = −λ
2
gεijkCjCk (2.55)
where λ is an infinitesimal anticommuting number. Correspondingly, the group parameters in Eqs.(2.13)-(2.16) should
be represented by θi = λCi. The BRST-invariance will leads to a set of Ward-Takahashi identites[20] satisfied by the
generating functionals as exhibited in the next section.
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3. WARD-TAKAHASHI IDENTITY
In the preceding section, it was mentioned that the generating functional Z[J ] is invariant with respect to the
BRST-transformations. the BRST-transformations may be written as
δΦi = λ△Φi (3.1)
where the △Φi for every field can be explicitly written out from Eqs.(2.13)-(2.16), (2.54) and (2.55). They are shown
in the following
△l = i{ g
2
√
2
C−(1− γ5)ν − e[Cγ + 12 sin 2θw (1− γ5 − 4 sin
2 θw)Cz ]l}
△l = −i{ g
2
√
2
C+ν(1 + γ5) + el[Cγ +
1
2 sin 2θw
(1 + γ5 − 4 sin2 θw)Cz ]}
△νL = i g2 [ 1cos θwCzνL +
√
2C+lL]
△νL = −i[ 1cos θwCzνL +
√
2C−lL]
△W±µ = ∂µC± ∓ igC±(cos θwZµ + sin θwAµ)± igW±µ (cos θwCz + sin θwCγ)
△Zµ = ∂µCz − ig cos θw(C−W+µ − C+W−µ )
△Aµ = ∂µCγ − ig sin θw(C−W+µ − C+W−µ )
△C± = 1α∂µW±µ
△Cz = 1α∂µZµ
△Cγ = 1α∂µAµ
△C± = ±i√2g(cos θwCz + sin θwCγ)C±
△Cz = ig cos θwC+C−
△Cγ = ig sin θwC+C−
△ϕ± = ± i2gC±(H + v)△ϕ0 = − g2 cos θwCz(H + v)△H = 0
(3.2)
The last three expressions which come from Eq.(2.13) indicate that in the unitary gauge formulation of the theory,
the SU(2) × U(1) gauge transformation keeps the Higgs field to be invariant, while, creates three Goldstone-type
composite fields which consist of the Higgs field and the ghost fields only without concerning Goldstone fields denoted
in Eq.(1.5). It is easy to prove that except for△C±,△Cz and△Cγ , the other functions △Φ˜i in Eq.(3.2) are nilpotent,
δ△Φ˜i = 0 which means BRST-invariance of the functions △Φ˜i.
Let us define a generalized generating functional by including external sources for the nilpotent functions △Φ˜i
Z[J,K] =
1
N
∫
D(Φ) exp{iSeff + i
∫
d4x[Ji(x)Φi(x) +Ki(x)△Φ˜i(x)]} (3.3)
where JiΦi was shown in Eq.(2.46) and
Ki△Φ˜i = u+µ△W−µ + u−µ△W+µ + uµz△Zµ + uµγ△Aµ + v+△C− + v−△C+ + vz△Cz
+vγ△Cγ + χl△l +△lχl + χν△νL +△νLχν +K+△ϕ− +K−△ϕ+ +△ϕ0K0
(3.4)
On making the BRST-transformation to the functional Z[J,K] and noticing the BRST-invariance of the functional,
we obtain a W-T identity such that[12,21,22]
1
N
∫
D(Φ)
∫
d4x(±)Ji(x)△Φi(x) exp{iSeff + iJ · Φ+K · △Φ˜} = 0 (3.5)
where the signs ”+” and ”−” attribute to commuting and anticommuting sources Ji respectively. The above identity
may be represented in terms of differentials of Z[J,K] with respect to the external sources. Here we only write down
specifically the identity satisfied by the generating functional of connected Green’s functions W [J,K] which is defined
by Z = exp(iW )[19,21,22]∫
d4x{ξl(x) δδχl(x) − ξl(x) δδχl(x) + ξν(x)
δ
δχν(x)
− ξν(x) δδχν(x) + J
+
µ (x)
δ
δu+µ (x)
+ J−µ (x)
δ
δu−µ (x)
+Jµz (x)
δ
δuµz (x)
+ Jµγ (x)
δ
δuµγ (x)
− η+(x) δδv+(x) − η−(x) δδv−(x) − ηz(x) δδvz(x) − ηγ(x) δδvγ (x)
+ 1α∂
x
µ
δ
δJ+µ (x)
η+(x) + 1α∂
x
µ
δ
δJ−µ (x)
η−(x) + 1α∂
µ
x
δ
δJµz (x)
ηz(x) +
1
α∂
µ
x
δ
δJµγ (x)
ηγ(x)}W [J,K]
= 0
(3.6)
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When we make a translation transformation: C
i → Ci+λi to the functional Z[J,K], then differentiate the functional
with respect to the λ
i
(x) and finally set λ
i
= 0, we get such a ghost equation that[20−22]
1
N
∫
D(Φ)[ηi(x) +△F i(x)] exp{{iSeff + iJ · Φ +K · △Φ˜} = 0 (3.7)
where
△F i(x) = ∂µx [Dijµ (x)Cj(x)] +
i
8
αgigj [V +τ iτ jφ0(x) + φ
+
0 (x)τ
jτ iV ]Cj(x) (3.8)
From the above equation, we may write out the following ghost equations via the functional W [J,K]
η+(x) + ∂xµ
δW
δu−µ (x)
− iαMw δW
δK−(x)
= 0 (3.9)
η−(x) + ∂xµ
δW
δu+µ (x)
+ iαMw
δW
δK+(x)
= 0 (3.10)
ηz(x) + ∂
µ
x
δW
δuµz (x)
+ αMz
δW
δK0(x)
= 0 (3.11)
ηγ(x) + ∂
µ
x
δW
δuµγ(x)
= 0 (3.12)
With introduction of the generating functional of proper vertices defined by
Γ[Φ,K] =W [J,K]−
∫
d4xJi(x)Φi(x) (3.13)
where Φi are the vacuum expectation values of the field operators in the presence of external sources, one may easily
write down the representations of the identity in Eq.(3.6) and the ghost equations in Eqs.(3.9)-(3.12) through the
functional Γ which we do not list here.
4. INCLUSION OF QUARKS
In the previous sections, the quantum electroweak theory for leptons has been built up starting from the Lagrangian
given in the unitary gauge. For completeness, in this section, the corresponding theory for quarks will be briefly
formulated. The SU(2) × U(1) symmetric Lagrangian describing the interactions of quarks with the gauge bosons
and the Higgs particle is, in the unitary gauge, of the form[23,24]
Lq = QjLiγµDµQjL + U jRiγµDµUjR +D
θ
jRiγ
µDµD
θ
jR
− 1√
2
fj(U)[QjLφ˜0UjR + U jRφ˜
+
0 QjL]
− 1√
2
fj(D)[QjLφ0D
θ
jR +D
θ
jRφ
+
0 QjL]
(4.1)
where the repeated index j (j = 1, 2, 3) which is the label of quark generation implies summation,
QjL =
(
UjL
DθjL
)
(4.2)
is the SU(2) doublet (for a given j) constructed by the left-handed quarks in which Uj stands for the up-quark u, c
or t and Dθj is defined by
Dθj = VjkDk, (4.3)
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here Vjk denote the elements of the unitary K −M mixing matrix V [24,25] and Dk symbolizes the down-quark d, s or
b, UjR and DjR designate the SU(2) singlets for the right-handed up-quarks and down-quarks respectively, φ0 is the
scalar field doublet defined in Eq.(2.9), φ˜0 is the charge-conjugate of φ0 which is defined by
[24]
φ˜0 = iτ2φ
∗
0 =
(
H + v
0
)
(4.4)
fj(U) and fj(D) are the coupling constants.
In Eq.(4.1), the first three terms are responsible for determining the kinetic energy terms of quarks and the interac-
tions between the quarks and the gauge bosons, and the remaining terms which are simpler than those chosen in the
Rα-gauge theory are designed to yield the quark masses and the couplings between the quarks and the Higgs particle.
By using the expressions shown in Eqs.(4.2)-(4.4) and their conjugate ones as well as the following eigen-equations
Y QjL =
1
3
QjL , Y UjR =
4
3
UjR , Y DjR = −2
3
DjR ,
τaUjR = 0 , τ
aDjR = 0 (4.5)
the Lagrangian in Eq.(4.1) will be represented as
Lq = U j [iγµ∂µ −mj (U)]Uj +Dj [iγµ∂µ −mj (D)]Dj
+ g√
2
[˜j−LµW
+µ + j˜+LµW
−µ] + ej˜emµ A
µ + esin 2θw j˜
0
µZ
µ
− 1√
2
fj(U)U jUjH − 1√2fj (D)DjDjH
(4.6)
where
j˜−Lµ = U jLγµVjkDkL = (˜j
+
Lµ)
+ (4.7)
j˜emµ =
2
3
U jγµUj − 1
3
DjiγµDj (4.8)
j˜0µ = U jγµ
1
2
(1− γ5)Uj −Djγµ 1
2
(1 − γ5)Dj − 2 sin2 θwj˜emµ (4.9)
and
mj(U) =
1√
2
fj(U)v,mj(D) =
1√
2
fj(D)v (4.10)
From the procedure of quantization as stated in Sect.2, it is clear to see that the Lagrangian in Eq.(4.1) or (4.6), as
a part of the total Lagrangian of the lepton-quark system, may simply be added to the effective Lagrangian denoted
in Eq.(2.34).
5. THE THEORY WITHOUT HIGGS BOSON
In the previous sections, we described the theory given in the unitary gauge which includes the Higgs boson in it.
Whether the Higgs particle really exists in the world or not nowadays becomes a central problem in particle physics.
If the Higgs particle could not be found in experiment, one may ask whether this particle can be thrown out from the
electroweak theory without breaking the original gauge-symmetry of the theory? Recall that the gauge transformation
does not alter the vector nature of the gauge boson fields and the spinor character of the fermion fields. They all
remain the same numbers of components before and after gauge transformations. But, the situation for the scalar
field is different. In the functional space spanned by the four scalar functions, the scalar function φ defined in Eq.(1.4)
forms a four-dimensional vector and the gauge transformations act as rotations. A special rotation ( the so-called
Higgs transformation) can convert a four-dimensional vector φ to the one which has only one nonvanishing component
along the Higgs direction, i.e. the function H(x) + v. But, any rotation does not change the magnitude of the vector
φ, |φ| = H+v. In the Higgs mechanism, although the vacuum state can be chosen in different ways, it is usually chosen
in the Higgs direction. This choice is made just from the physical requirement. The scalar field function H(x)+v was
viewed as physical. But, the theory does not tell us what the vacuum expectation value v should be. It may be very
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large or very small. The scalar fields and their vacuum expectation value were introduced originally for giving some
gauge bosons and fermions masses . For this purpose, we may simply limit ourself to require the magnitude of the
vector φ to be equal to the vacuum expectation v, |φ| = v. In this case, we may set φ→ V where V was represented in
Eq.(1.6). The vacuum V generally is a function of space-time; but in practice, as usual, it is chosen to be a constant
along the Higgs direction. With this choice, the Lagrangian of the system under consideration is still represented by
Eq.(2.1) except that the Lagrangian Lφ in Eq.(2.8) is reduced to
Lφ = LGM + Llm (5.1)
LGM = (DµV )+(DµV )− µ2V +V − λ(V +V )2
= 12F
+
µ F
µ (5.2)
where
Fµ =
1
2
(gτaAaµ + g
′Bµ)V (5.3)
and
Llm = −fl(LV lR + lRV +L) (5.4)
The LGM and Llm now only play the role of generating the mass terms of W± and Z0 bosons and charged fermions
respectively. Correspondingly, the gauge transformation in Eq.(2.13) is reduced to
δV =
i
2
(gτaθa + g′θ0)V (5.5)
here the gauge transformation of V , as pointed out before, is chosen to be the same as for the scalar function φ. The
other gauge transformations are still represented in Eqs.(2.14)-(2.16 ). It is easy to see that the Lagrangian Llm is
gauge-invariant, δLlm = 0. By the gauge transformations written in Eqs.(5.6) and (2.14)-(2.16 ), one may find
δFµ =
i
2 (gτ
aθa + g′θ0)Fµ + ∂µ(gτaθa + g′θ0)V
δF+µ = − i2F+µ (gτaθa + g′θ0) + V +∂µ(gτaθa + g′θ0)
(5.6)
With these transformations, it can be proved that the action given by the Lagrangian LGM and hence the action
given by the total Lagrangian L is gauge-invariant under the Lorentz condition written in Eqs.(1.8) and (1.9),
δS =
∫
d4xδL = ∫ d4xδLGM= 12 ∫ d4x(δF+µ Fµ + F+µ δFµ)
= − v24
∫
d4x{g2(∂µA1µθ1 + ∂µA2µθ2) + (g′θ0 − gθ3)(g′∂µBµ − g∂µA3µ)}
= 0
(5.7)
As emphasized in Ref.[1] and in Introduction, for a constrained system such as the massive gauge field, whether a
system is gauge-invariant or not should be seen from that whether the action of the system, which is given in the
physical subspace defined by the introduced constraint conditions, is gauge-invariant or not. Thus, according to
Eq.(5,7), the Lagrangian given in Eq.(2.1) with the Lφ given in Eqs.(5.1)-(5.4) still ensures the theory to have the
SU(2)× U(1) gauge-symmetry.
Now, let us to quantize the theory by means of the Lagrange multiplier method. For this purpose, the Lorentz
conditions in Eq. (2.12) are extended to
∂µAiµ + αλ
i = 0 (5.8)
where i = 0, 1, 2, 3 (Note : the conditions In Eqs.(2.10) and (2.11) are not necessarily considered here because they
become trivial identities in this case). When these conditions are incorporated into the Lagrangian by the Lagrange
multiplier method, we have
Lλ = L+ λi∂µAiµ +
1
2
α(λi)2 (5.9)
where L was written in Eqs.(2.1)-(2.7) and (5.1)-(5.4). As mentioned before, in order to build a gauge-invariant
theory, the action given by the above Lagrangian must be required to be gauge-invariant. By making use of the gauge
transformation in Eq.(2.16) and the gauge transformation of the Lagrangian L which may be read from Eq.(5.7),
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δL = − v24 {g2(∂µA1µθ1 + ∂µA2µθ2) + (g′θ0 − gθ3)(g′∂µBµ − g∂µA3µ)}
= −m2W∂µW+µ θ− −m2W ∂µW−µ θ+ −m2Z∂µZµθ0
(5.10)
where we have used the definitions denoted in Eqs.(2.29)-(2.33) and (2.37) and utilizing the constraint condition in
Eq.(5.8), one can derive
δS =
∫
d4x{δL− 1α∂µAiµ∂νδAiν}
= − 1α{∂νW+ν (∂µδW−µ + αm2W θ−) + ∂νW−ν (∂µδW+µ + αm2W θ+)
−∂νZν(∂µδZµ + αm2Zθ0)− ∂νAν∂µδAµ}
= 0
(5.11)
According to Eq.(5.8), 1α∂
νW±ν 6= 0, 1α∂νZν 6= 0 and 1α∂νAν 6= 0, therefore, we may obtain from Eq.(5.11) the
constraint equations on the gauge group
∂µδW±µ + αm
2
W θ
± = 0 (5.12)
∂µδZµ + αm
2
Zθ
0 = 0 (5.13)
∂µδAµ = 0 (5.14)
Defining the ghost field functions Ci by θi = ξCi and omitting the infinitesimal anticommuting number ξ from
Eqs.(5.12)-(5.14), we get the ghost equations as follows
∂µ∆W±µ + αm
2
WC
± = 0 (5.15)
∂µ∆Zµ + αm
2
ZC
0 = 0 (5.16)
∂µ∆Aµ = 0 (5.17)
where ∆W±,∆Z and ∆Aµ were defined in Eq.(3.2). The constraint equations in Eqs.(5.15)-(5.17) may also be
incorporated into the Lagrangian in Eq.(5.9) by the Lagrange undetermined multiplier method to give a generalized
Lagrangian
L∗λ = L+ λi∂µAiµ +
1
2
α(λi)2 + Lgh (5.18)
where
Lgh = C+(∂µ∆W−µ + αm2WC−) + C
−
(∂µ∆W+µ + αm
2
WC
+) + CZ(∂
µ∆Zµ + αm
2
ZC
0) + Cγ∂
µ∆Aµ
= C
−
(✷+ αM2w)C
+ + C
+
(✷+ αM2w)C
− + Cz(✷+ αM2z )Cz + Cγ✷Cγ − ig{(∂µC
+
C−
−∂µC−C+)(cos θwZµ + sin θwAµ) + (∂µC−W+µ − ∂µC
+
W−µ )(cos θwCz + sin θwCγ)
+(cos θw∂
µCz + sin θw∂
µCγ)(C
+W−µ − C−W+µ )}
(5.19)
which is simpler than that given in Eq.(2.45).
Completely following the procedure shown in Eq.(2.53), we may use the Lagrangian in Eq.(5.18) to construct the
generating functional of Green’s functions which is formally as the same as that in Eq.(2.53). After calculating the
integral over λi, we obtain an effective Lagrangian like this
Leff = LG + LF ++Lgf + Lgh + Lq (5.20)
where LG,LF and Lgf were represented in Eqs.(2.34)-(2.37), (2.38)-(2.42) and (2.44) respectively, while, Lgh is now
given in Eq.(5.19) and Lq is still described in section 4 except that the scalar fields φ0 and φ˜0 in Eq.(4.1) are now
replaced by the vacuum V denoted in Eq.(1.6) and, therefore, the last two terms in Eq.(4.6) are absent in the present
case. The results stated above can equally be derived by employing the Faddeev-Popov approach. The Lagrangian
given in this section establishes the quantum electroweak theory without involving the Higgs boson. This theory may
actually be written out from the theory described in sections 2, 3 and 4 by dropping out all the terms related to the
Higgs boson.
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6. REMARKS
The quantum electroweak theory described in the previous sections is not only simpler than the ordinary Rα-gauge
theory, but also would safely ensure the theory to be renormalizable due to the absence of the Goldstone bosons. To
this end, we would like to mention the role played by the Goldstone bosons in the ordinary theory. As illustrated
by the example presented in Appendix A which shows the tree diagrams of antineutrino-electron scattering and their
S-matrix elements, the Goldstone boson propagator in Fig.(b) just plays the role of cancelling out the contribution
arising from the unphysical part of the gauge boson propagator in Fig.(a) to the S-matrix element. Therefore, the
ordinary Rα-gauge theory can naturally guarantee the tree unitarity of the S-matrix element. However, considering
that the both diagrams in Figs.(a) and (b), as subgraphs, will appear, companying each other, in higher order Feynman
diagrams and they can be replaced by the only one diagram shown in Fig.(a) in which the gauge boson propagator
is given in the unitary gauge, the bad ultraviolet divergence of the term in the latter propagator would cause some
difficulties of renormalization as indicated in Ref.[16]. In contrast, in the theory presented in this paper, there are
not the Feynman diagrams involving the Goldstone bosons like Fig.(b), therefore, the aforementioned term of bad
ultraviolet behavior does not appear in the massive gauge boson propagator and any Feynman integrals to spoil the
renormalizability of the theory. However, the present theory formulated in the α-gauge will not content with the
unitarity condition of S-matrix elements due to the presence of the axial current and the mass difference between
the charged particle and neutral one. How to understand and resolve this problem? As explained in Appendix
B, the propagator in Eq.(1.1) is given by the physical transverse vector potential which is on the mass-shell (this
point is clearly seen in the canonical quantization; but not so clearly in the path-integral quantization), While, the
propagator in Eq.(1.6) is given by the full vector potential which contains an unphysical longitudinal component in
it and therefore is off-mass-shell. This propagator is suitable to be used for calculating Green’s functions which are
off-shell. In the limit: α → ∞, the α-gauge propagator is converted to the unitary gauge one since the unphysical
part of the former propagator vanishes in the limit. Therefore, the propagator given in the α -gauge can be considered
as a kind of parametrization (or say, regularization) of the propagator given in the unitary gauge, somehow similar
to the regularization procedure in the renormalization scheme. In view of this point of view, we have no reasons to
require the α-gauge theory to directly give the on-shell S-matrix elements. Nevertheless, due to its renormalizable
character, it is suitable to use such a theory at first in practical calculations of the S-matrix elements and then the
α−limiting procedure mentioned above is necessary to be required in the final step of the calculations[18]. It is noted
that the α−limiting procedure can only be applied to the massive gauge boson propagators. This means that we have
to make distinction between the gauge parameters appearing in the massive gauge boson propagators and the photon
propagator in the procedure. Certainly, by the limiting procedure, the unitarity of the theory is always ensured in
spite of whether the currents involved in the theory are conserved or not. At last, we mention that the ordinary Rα
-gauge theory, actually, can also be viewed as another kind of parametrization of the unitary gauge theory because
in the limit: α → ∞, the theory in the Rα−gauge directly goes over to the one in the unitary gauge. The question
arises: which parametrization is suitable? The answer should be given by the requirement that which theory allows
us to perform the renormalization safely and give correct physical results. An essential point to fulfil this requirement
is that the theory must maintain the original gauge-symmetry, just as the same requirement for the regularization
procedure of renormalization. The α-gauge theory formulated in this paper is exactly of the SU(2) × U(1) gauge
symmetry. As shown in Sect.3, this gauge symmetry is embodied in the W-T identities satisfied by the generating
functionals. From these W-T identities, one may readily derive a set of W-T identities obeyed by Green’s functions
and vertices which establish correct relations between the Green’s functions and the vertices and provide a firm basis
for performing the renormalization of the theory. These subjects will be discussed in the subsequent papers.
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8. APPENDIX A: THE LOWEST-ORDER S-MATRIX ELEMENT OF ANTINEUTRINO-ELECTRON
SCATTERING
The tree diagrams representing the antineutrino-electron scattering are shown in Figs.(a)- (c) in which the internal
lines are respectively the W-boson propagator, the Goldstone boson propagator and the Z0 boson propagator. Ac-
cording to the Feynman rules given in the Rα-gauge theory
[7,23], the corresponding S-matrix element can be written
as
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Tfi = Tw + TG + TZ (A.1)
where Tw, TG and TZ represent respectively the S-matrix elements of Figs.(a), (b) and (c),
Tw =
(
−ig
2
√
2
)2
ue(q1)γ
µ(1− γ5)vν(q2)vν(p2)γν(1 − γ5)ue(p1)
× −ik2−M2w+iε [gµν − (1− α)
kµkν
k2−αM2w ]
(A.2)
TG =
(
ife
2
)2
ue(q1)(1 − γ5)vν(q2)vν(p2)(1 + γ5)ue(p1) i
k2 − αM2w
(A.3)
where k = p1 + p2 = q1 + q2 and the subscripts ”e” and ”ν” mark which particles the spinors belong to, and
TZ =
g2
8 cos2 θw
ue(q1)γ
µ[ 12 (1− γ5)− 2 sin2 θw]ue(p1)vν(p2)γν(1− γ5)vν(q2)
× −i
k2−M2
Z
+iε
[gµν − (1− α) kµkνk2−αM2
Z
]
(A.4)
where k = q1 − p1 = p2 − q2.
Noticing the decomposition
gµν − (1− ξ) kµkν
k2 − αM2j
= gµν − kµkν
M2j
+
(
k2 −M2j
)
kµkν(
k2 − αM2j
)
M2j
(A.5)
where j =W or Z, the matrix element in Eq.(A.2) can be rewritten as
Tw = T
(1)
w + T
(2)
w (A.6)
where
T (1)w =
(−ig
2
√
2
)2
ue(q1)γ
µ(1− γ5)vν(q2)vν(p2)γν(1 − γ5)ue(p1) −i
k2 −M2w
(gµν − kµkν
M2w
) (A.7)
and
T (2)w =
(−ig
2
√
2
)2
ue(q1)γ
µ(1− γ5)vν(q2)vν(p2)γν(1− γ5)ue(p1) −ikµkν
M2w(k
2 − αM2w)
(A.8)
Applying the energy-momentum conservation and the Dirac equation, it is easy to see
ue(q1)γ
µkµ(1− γ5)vν(q2)vν(p2)γνkν(1− γ5)ue(p1)
= m2eue(q1)(1 − γ5)vν(q2)vν(p2)(1 + γ5)ue(p1) (A.9)
Inserting Eq.(A.9) into Eq.(A8) and using the relation
fe =
gme√
2Mw
(A.10)
we find
T (2)w = −TG (A.11)
Therefore, we have
Tw + TG = T
(1)
w (A.12)
This result shows us that the contributions from Figs.(a) and (b) is equal to the contribution from Fig.(a) provided
that the W-boson propagator in Fig.(a) is replaced by the one given in the unitary gauge. Similarly, employing
Eq.(A.5) and the Dirac equations for electron and neutrino, Eq.(A.4) becomes
TZ =
g2
8 cos2 θw
ue(q1)γ
µ[ 12 (1− γ5)− 2 sin2 θw]ue(p1)vν(p2)γν(1− γ5)vν(q2)
× −i
k2−M2
Z
+iε
[gµν − kµkνk2−M2
Z
]
(A.13)
where the Z0 boson propagator is also given in the unitary gauge.
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9. APPENDIX B: ON THE MASSIVE GAUGE BOSON PROPAGATORS
To help understanding of the nature of the massive gauge boson propagators given in the unitary gauge and the
α -gauge, we show how these propagators are derived in the formalism of canonical quantization. For simplicity, we
only take the Lagrangian of a free massive vector field[22]
L0=−1
4
FµνFµν +
1
2
m2V µVµ (B.1)
where Vµ is the vector potential for a massive vector field (W
± or Z0). To give a complete formulation of the field
dynamics, the above Lagrangian must be constrained by the Lorentz condition: ∂µVµ = 0 whose solution is VLµ = 0.
Substituting this solution in Eq.(B.1), the Lagrangian will be merely expressed by the transverse vector potential VTµ.
Since the VTµ completely describes the three independent polarization states of the massive vector field, in operator
formalism, it can be represented by the following Fourier integral
VTµ(x) =
∫
d3k
(2π)3/2
3∑
λ=1
ǫλµ(k)√
2ω(k)
[aλ(k)e
−ikx + a+λ (k)e
ikx] (B.2)
where ω(k) is the energy of free particle and ǫλµ(k) is the unit vector of polarization satisfying the transversity
condition: kµǫλµ(k) = 0, which corresponds to the transversity condition: ∂
µVTµ(x) = 0. By using the familiar
canonical commutation relations between the annihilation operator aλ(k) and the creation one a
+
λ (k), as derived in
the literature[22], one gets the propagator for the transverse vector potential as follows
iDµν(x − y) = 〈0 |T {VTµ(x)VTν (y)}| 0〉 =
∫
d4k
(2π)4
iDµν(k)e
−ik(x−y) (B.3)
where iDµν(k) is just the one shown in Eq.(1.1) here a non-covariant part of the propagator has been omitted because
it will be cancelled in S-matrix elements by the non-covariant term in the interaction Hamiltonian .
On the other hand, when the Lorentz condition is generalized to the from: ∂µVµ + αλ = 0, where λ acts as a
Lagrange multiplier, and incorporated into the Lagrangian by the Lagrangian multiplier method, one may obtain the
Stu¨ckelberg’s Lagrangian[22]
L0= −1
4
FµνFµν +
1
2
m2V µVµ − 1
2α
(∂µVµ)
2 (B.4)
According to the spirit of the Lagrange multiplier method, every component of the vector potential in the above
Lagrangian can be treated as independent. From the Lagrangian, one may derive the equation of motion(
✷+m2
)
Vµ − (1 − 1
α
)∂µ∂νV
ν = 0 (B.5)
Taking divergence of the above equation leads to a scalar field equation
(✷+ µ2)ϕ = 0 (B.6)
where ϕ = ∂µVµ and µ
2 = αm2. Now the full vector potential can be expressed as
Vµ = VTµ + VLµ (B.7)
where VTµ is the transverse part of the potential which was represented in Eq.(B.2) and VLµ is the longitudinal part
of the potential which is defined by VLµ =
1
µ2 ∂µϕ and can be expanded as
VLµ(x) =
∫
d3k
(2π)3/2
ǫ0µ(k)√
2̟
[a0(k)e
−ikx + a+0 (k)e
ikx] (B.8)
where ǫ0µ(k) = kµ/m and ̟ is the energy of the scalar particle of mass µ.With the expressions presented in Eqs.(B.7),
(B.2) and (B.8), in the canonical formalism, it is easy to derive the propagator for the full vector potential[22]
iDµν(x− y) = 〈0 |T {Vµ(x)Vν(y)}| 0〉 =
∫
d4k
(2π)4
iDµν(k)e
−ik(x−y) (B.9)
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where iDµν(k) is exactly of the form as written in Eq.(1.7). This propagator is usually derived in the path-integral
formalism and often used in perturbative calculations. The propagator in Eq.(1.7) contains two parts: The first part
which is usually given in the Landau gauge (α = 0) is transverse with respect to the off-shell momentum kµ, while
the second part is longitudinal for the off-shell momentum. According to the decomposition in Eq.(A.5), the above
propagator can be divided into such two parts: one is that given in the unitary gauge as shown in Eq.(1.1); another is
iDµν(k) = −i kµkν
(k2 − αM2)M2 (B.10)
The two parts are respectively transverse and longitudinal with respect to the on-shell momentum kµ. As one can
see, the off-shell transverse propagator (in the Landau gauge) and the on-shell-transverse propagator (in the unitary
gauge) are given by different limits: α→ 0 and α→∞, respectively.
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11. FIGURE CAPTIONS
Fig.(a): The tree diagram representing the antineutrino-electron scattering which takes place via the interaction
mediated by one W-boson exchange.
Fig.(b): The tree diagram representing the antineutrino-electron scattering which takes place via the interaction
mediated by one Goldstone boson exchange.
Fig.(c): The tree diagram representing the antineutrino-electron scattering which takes place via the interaction
mediated by one Z0-boson exchange.
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